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FORMAE GENERALES
DIFFERENTIALIVM
OVAR ETSI NVLLA SVBSTITVTIONE RATIONALES
REDD]. POSSYNT, TAMEN INTEGRATIONEM PER
 LOGARITHMOS ET ARCYS CIRCVLARES
| ADMITTVNT. |

Auflore |
i. EVLERO.

L enhibita die a4 April IT1T

}
\ :

§. 1.

@uae non ita pridem de integratione huius formulae dif-

— Dz (s —+ 3%
ferentialis: (“"_______.)_.

-~ —. pexr logarithmos et ar-

(s+zz)1/(1—|—'6zz+z4)‘ - -
cus circulares in medium attuli, €o maiori attentione funt
digna , quod ifia formula tam complicatam irrationalitatem
involvit, ut nulla plane rabftitutione ad rationalitatem per-
duci queat. Eft vero ifta formula cafus {pecialifimus {orma-
um maxime generalium, in quibue tam obfirula iirationa-
litas involvitur, ut nnlla ceite fabftitntio fufficiat iis ad ra-

vonalitatem reducendis, quarum tamen integralia In genere

per logarithmos €t arcns circulares exprimi poffunt. Qrio- |
D2 | - piam




et 0 g

niam igitur tales formae generales in Analyfiv maximi mo.
menti incrementa afferre. polfe {unt cenfendac, eas. hec loeg
accuratias. explicare conltituai, ,

§- 2. Quo awlem huios generis formulas. claring
exponam, a formula irrationali, quae in iis ineft, inclois
r convenit quam hoc modo repraefentor '

v = *g; [a(a—y z)* 4-b (B3 z)],

- quae irrationalitas, ftatim aique exponers n Binarium fhpes

rat, tantopere eft abftrufa, ut nulio plane modo ad ratiora.
litatem revocari poffit. Deinde denotent litterae maiufculse
. A, B, C, D five quantitates conftantes five fanftiones: quas-

- ‘. ps . SO Ay gt . o
cungue rationales formulae .(___l.,_ ;-% » atque binae formulae
- B+=c)’ - 7

integrales fequentes:. ‘ '
L :..[U {2+, 2)" T (R+Tm)ym I A (= - Yy "o BIR T gy
| _ ‘Z)mLC(G’.-{-'}/Z)n—-J—D(;ﬁﬁ—é%)1] |
2 —foE[A(2 4y u) " BB ) " o™
(2 Hva)(B+93)[Claty o)+ D(E+E2)]
femper ‘per logarithmos. et arcus cirenlares expediri poffunt.
Harum foilicet formularum prior $ ircationalitatem ¢ in de-
nominatore , pofterior vero 2 in numerators com pleflitor;
bae igitur duae formae theorema. maxime me morabile Ana-

lyticam conftituant, cuivs veritatem doplici demonftras
tione fum oftenfurus.. '

Demonftratio prima formularum ente propefitarom.
- Soo. Ponatur Boi-dz =g (g v &), eritgue formu:
la irrationalis |

U=




|

= (ay )/ (et ba)
m“oqrte
m._.(y+fyz)m '(a--:—&a:”)m“ .

e 0L 08 —= 3
Deinde vero ‘hinc ernt R

, idsogque § 7 = L2i=Amas

Y« — . 2
— 4 _._(16‘—55 Q
vel etiam cnm fit x. 2 e erit 0z = e=inic, Lmd@
P R
it dg.= 22220,
B =y

"§ 4. Quodfi iam hi valores in priori forma % fab-

, i'ﬁmantf1r,43:,.;jeqﬂmniljnod0 fatis ¢ mmods,@yrjoldmgmmﬁ '

bilem. x exprimi reperetur

[z eram(AJ_me—m)
@R Y (—'C-—!—~Dx“)1/(a-i—-bx)“‘-

Simili vero etiam: modo altera: fbl.ma, % per folam valnaba-
lem x commode exprimetur

T dx(A~+Bx—™) )y (a+bx")"
a&rg—ﬁ*}/ ' x(C—a—Daﬂ)
ubi litterae A, B, C,.10; nifi fuerint confiantes,. erunt funflio-

OR—

Y —

—, five ipfius x"..
el

Evolutio: formae prioris b.

§. 5. Pofito brevitatis- gratia a8 — @ == ¢, haec
[orma in duas paites. wfolvaturj quae erunt

b=




PV (C+Dat) ¥ (a+bat)
o[- B 20%
VY (C+DaY) v (e +b &)™
guarum prior rationalis reddetur, ponendo n X - =t
| v (e +ba")
ol s e s — at®
arit enlm — t*, unde elicitur x" == ; unde
a-+bx" : 1 —bt"

patet litteras A, B, C, D, quae in hac parfe occurrunt ,
fore funfliones rationales ipfius t*, poiro vera ob. R
_ nl-ac:.l'a+rilt—¥l(x—~bt”),
erit differentiando |
M__;QE_J["bt”“Iaf_ - Pt
x t 1 —bt* - t{t—bi
Cum igitur fit .

TH

- X

o — == t" et
V ( o — bt )m
Coppar = Gt (eD—bC)

r—>bt"

his {ubftitutis pars prior formulae % erit
1 AtMTIOR |

| — %) CxXt(@D—05u0)

quae ergo ell rationalis, eiusque propterea integrale per 1o~

garithmos atque arcus circulares exhiberi poteft. '
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R ]

g ¢ Pro altera. autem parte 101mmlae B primo now
retar, eam Per praecedentem fubfiitutionem rationalem reddi
non pofle; verum hoe multo facilins praeftabitor ponenda
n o

14 (n’+b:c“) =y, unde cum fiat fL»}-—bo:"“-"'u, exit

Ut —a — wrTEou
= atque "o X = -

sam litterae B, G, et D erunt funftiones 'rationales ipfius

et
quam ob rem cum ﬁt

1/(a~+~bw}“—“u, etC D x® _...bC a?—!—Du

This v 4&1011?3113*{{1%3{'{1{{1138 ~pass pofterior formulag b oexit
'I Bur—™Iou

- bC—aeD-+Du" .
pariter . pex logarithmos atx

quae cum etiam fit rationalis,
gue arcus circulares exhiberi potent.

Evolutlo formae pofterioris %.
§. 7. Haec forma pariter in duas partes refoluta

ita repraefentetur:

Bx“"m""zarc]/(a-«l—bx“)m

C+Da
Prior autem pars ﬁatnn rationalis redditur pounendo
ut—a

Y (0 -+ba") =u, unde fit " = -
o | funi«z




~fumtisque logarithmis nlx = l(w, ~—a)—Ub, ideoque
2r __uT*ou ' bC-—*aD+Du

his autem fubfiitutis altera pars ipfius X exit

— et C+Dx
x ut—a b qu
guibus fubftitutis pars prior ev-adit ra
| _ /‘ Abur+t""Igu
T w—a)(bC — aD+DuY) a1
quae forma, ob A, C, D funfliones rationales zrpﬁltm 6", Ui e
— que ipfa %fhfatmnahb o
: nt
§ 8. Altera -autem pars formae X, guae et A
1,fo““"?“IaxV(a+bx“}"“ ;:
C ~+ D™ 1
ita repraefentetur
: 4
1 /Ba: Bx" V(e +bx")®
_ x €Dz x™ -
et nunc manifeftum efi {fcopum propofitum obtentum iri ope t
.. el e . : - T , : ‘ 1l
prioris fubftitutionis ante ufurpatae ——— — t; fic.
vV (6d+ba”) .
enim poﬁremus faltor erit — —{—;‘7' . Deinde fupra vidimus ij
7 t | .
fore 0T i Denique vero fiet
Cox t(r—Dbt*) . -
Bx __ ° aB¢ .
C+Dx* CH+t"aD—-bsC)’ T



amim—— P gSmvieesmeom
ISR 43 S .

Y {’t‘ B -{:TL — T .L V
(r —bt") [CHt"(aD—0bC)]
quae etiam eft rationalis , ob litteras B, C, D funfiones

A
rationales ipfins ™

§. 9. Ex hac evolutione liquet, fi litlerarum A et B
altera evanelcat, formulas propofitas ope idoneae fubfiitu~
tionis utique ad raticnalitatem perduci pofle, ita ut his ca-

" fibus nofirae formulae nihil, quod memoratu effet adeo dig-

num, continerent; at vero fi harum litterarum neutra eva-
ncfcat, quonlam utrague peculiarem poftulat fubfiitutionem,

—evidens eft, totum megolium ope umicae fubftitationiz nulles —

modo confici pofle, atque'ob hanc 1pfam caufam noftrae for-
mulac generales eo maiori attentione dignae i"unt cenfendae.

Bemon&ratio alia,
methodo prorfus mirabili innixa.
§. 10. Quoniam vidimns ambas noftras formas tans
tum dilintbul debere, loco variabilis z ftatim duas novas va-

viabiles p et g in calculum introducamus, ponendo

ﬁ+5‘4
v

P = “——d""}’z et g—

Hinc autem primo erit § p —« g =22—EBY; unde fi ut ante

ponamus a3 — B =4§, erity = ?JT. Deinde vero exit
— —d k] -——-F ¥Y) — '
¢q—fp= ;

unde coll igimus

7 vieg—fBp) -——-"("“"r'P
g P —_—y f—}
unde differentiando colhoficm

az——-s[“aq'—ﬁ'a?)
Fp—yqp *
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_q}fﬁmqg%)ewgicﬁﬁu@o;ﬁﬁ cum {it

g 84

quae expreffio, ¢b P —y g= 2, concinne ita refertur:
’ Y PR
0z =22 (Pog—qg2opP)

§. r1. Deinde vero ex poﬁticriibus faflis colligitar
a{a—+-vz) —%—?J(,ﬁ—!—ﬁ z )"

. vr; T
ob " = a{z—+ )+ b (B~ §2)", unde facile five P per

=z

,pn__}__bq"’l-m

vel p":———ng;- vel " /= ot
&

Porro- vero quia eft
o@Tiop4+bgt T og =0, erit

| bg"tlog a@”’wl&@
P I Bl S S S C . I U i M.
P P et 3¢ | bq“—”r

Hinc iam formula pog-—qgo g pro lubitu five per og five
pes 0 p exhiberi poterit: priori fcilicet modo erit

a _dqap+bg) 09
—gdpP = :
POg—q 0P =" = =
pofteriore vero modo erit |
opla “—!—b ""} ¢
dg—qgop=—CP8F 08 P

Quovis igitur cafu five pilore five pofteriore valore uti li-
cebit, prouti commodius fuerit vifum. :

§. zz. Nunc igituy hos novos valores in calculum
Introdieamus , evmmaﬂdo litteram %, wveruntamen ipfam
litteram » in calculo retineamus, quippe quae tandem fpon-

. . e



55 mmenms

% calculo excedet. Primo igitor, wt iam vidimus, erit

te €
o'z___w(qu__qap)q atque ob oy EImpr et 0%

J

—=qv, erit ' : -
(z+y5) (B+38)=pgvv; | |
‘ ‘ A(a._l.._ryz)"“‘“m 1 B(ﬁ+oz)nmm
_.._"L?I—'m (A p1z-—-ﬂL+B qnw—m}
ac denique
1 C(oﬁﬁa'}/%)ﬂ'—%-ﬂ(@—{—oz) = f)”{C@”’+})q“)'
! quibus valoribus fubftitotis binae noftrae formae geﬁexalcs
N —fmﬂ’mdm*fmcmm :

) ,r._#_jfp""‘l ¢~ Hpog— qaﬁ)(ﬁw“"“Bq““’“) ot

Cpr+~Dg*
y— & {(?Bq“qap)(ﬂfﬁ““‘”vhﬁﬂ"‘"”)
o/ - pqCE DY)

wbi notetur litteras A, B, C, D, nifi fint conftantes, iam

fore funfiones rationales formulas Bﬂj ideogne ob ap™+bg" =1,

vel ipfiuz p* vel 1pﬁus g™

Evolutio formulae ¥.
§. ¥3. Hic iterum ifta formula per foas pattes re-

‘praelentetur:
;b:j_j%ff‘-“z ”’““K(fﬁ 0g—4g9p)
,_;‘_._l[Bq“”" T (pdg—q2p)
Cw“--leq

Kt quomam pro K, Bq-—u g op fapm gemmum valorem €x-
\ _ . ) : . hi-




e £ grmenee

hibuimus, alterum per 9q alterum vero per dp expreffum,
priori valore utamur pro parte priori, guae evadet

AdiTrog
aﬂ Cp —}—Dq

g s n . ‘
quae porro, ob p* = ——&Eﬂ-—g tranfit in hanc formam:
T A qm"" tog

CFrg@D—5C)

ubi cum A C, D per folam g rationaliter exprimi queant,
fola wvariabilis q ineft , idque rallonah{.er, unde integrale
per logamhmos et arcus Circulares e\pmml potem

. 14 PlO parte autem fecunda formulae b utamor va-

Jioxe pofteriore pro qu gop, quiel— T ot Snpy 2. Hinc enim:
g
ifta pars prodibit '

'I pr'm.*—-IaP
Cpr+Dbg”

guae ob g — :':i abit in hanc

D - p (@D — B C) _ |
-quae eﬂcpreﬂio folam variabilem ¥ ratienaliter ‘comprehen- "

dit, quandoquidem litterae B, C, D, nifi Bat confiantes ,
ﬂ'unt fhnﬂ;lones ipfius p™ His 1gltu1 parmbus tunélis erit:

m-——-I"\
By —top
e/C+q"(aD bC) @waﬂ“(a'Q—?%;C)" |
' Evo-




| EVOI’UtIO formulae 2.
12, Haec formula fimili modo per fnas pa;_teg ita

irepraefentabxtur B .
g — 2 [ A n=f(pag—q2p)
¢ g(Cp+Dq")
[Bq”*"‘”l (p2g—a2p)
(Cp" ~+ D q"
]210 priore palte utamor valore
0 -
unde ifta pars fiet _
B Apn——m-—}:ap ' | /
FECF+Dy)

. I . a
quae porro ob q‘ = __.,_ﬂ_ induet hanc forman. :

/‘ Ap?!---‘m-—-Iap ‘
(x—ap)[D—p" (aD—mbC)]

§. 16. Pro parte autem pofteriore utamux altero va-

¢ : .
q -, ex quo ifta pazs evadet

Tore paq——qa;@_
Bqn——m——zaq
chE’ p" (Cp® TDC})

—bq veducitor ad hanc formam:

quae porro ob p" __—.:_
- a

E:f Bg—""%09 |
5 (1 —bq)C+q" (nD—-bC)
Hoc




e BE

Hoc igitur modo altera formmula generalis % ita repraefentetur:

b Apr—iag
o 6/ (E——«afj")[:@ —p{aD—0bC)]
’_}__C_Tf f Bqn‘dm-—-—-I E'C}'

¢/ (1 —b¢g")[Ca-g (aD - BC)]
Quanquam haec pofterior methodus a praecedente prorfus
differt, tamsn egregia harmonia elucet.

guam ut clare pereipi q”’*aﬂu, peulatim ad magis psu*l,lcuw
laria deicendamus, ac primo gnidem f{umamus Htteris A, B,

§ . Quoniam autem haec nimis funt gdneralia,

C, D, pﬂff}m uo guantitates conftantes defignari, hicque fias’

tim fe offert cafus memorabilis, quo C-_a, et D =5, fi
quidem hine oritur Cz~+pz) D({H—JJ)‘:US ﬁcoae bi-
nae nofirae formae erunt:

/dz(z +0 %) ”"—l(f%’wfd 2)" A (st 7 " B(ﬁ—w‘?z)”"’“m] ot

ym—i—n

fwawwzwmB(sﬁuw’iz‘_‘%
bhw H’(C{‘.‘."‘%ﬁ '1/ Z)(f} . UZ’}

§- r8. Hoc igitur caln i ponatur p"“-“‘*_ju*ffg e

g :.P’ ~ 7, integralia harum formarnm hoc modo exprimentur

. Ifﬁqu"—*:()q ! fogc’”"“‘qug
D= —1 T e ey
_ﬁ_ b -

ficque ifte - valor adeo. algebraice exhiberd poterit: eritemint

five




five erit L _
 a(prdn)y _Blatya)

Dyo altera auigi forma habebimus ‘
Y e /A ik M Bgi—" 1 d¢

' i—ap 0. r —.bg"

m  forma aliter znmfrm;l hcmmt nifi pcr Iog@.

uae q‘{iidt’.‘au
rithmos et arcus circulares, aed ah conmnmtabem imprimis

eft notatu digna.

© . to. Imprimis antem formulae notabiles prodibunt,

§ fatnamus @ == Iy P == 5 Y= * at 8 — . unde fit
h — -2 et lam binae nofirae formae general Ies fﬂquentem

faciem induent: .
fox{t—az" " 4 h + g B (=2 7" o

p= i s (c -5
IO (r+ 5+ Dz —2)]
o J2BLA (b Bl B T
(=) CIChre +D0— 91

nhi iam eft 'U:y’[a.\x i bl -z ] Tum vero, Po-

fito p ==L el g==" % Wau.OlES hgroin formarumn ; emﬂeau

modo expumew tar:

~I5g B pm o |
-b____“-—-—._._- . ' L;'C' .p -P
-/(,- +g {al wUC) f '-—~p "aD—bC)
d Ab }nw-m—ﬂla
2 f(\: —ap D —o (aD—0b0)]
Be -

J
qn-—-m——l E; q

B

2 J izmi‘wq"‘“}[C—}-q’*(a:ﬁ}—mbﬂ)_]

§. z2c.




§. zo, Combinemus nune hanc pofteriorem hypotheq.

fin cum praecedente, gqua erat C =g et D=1 ac formae
neftrae erunt: - :

-ij ._...._f&z‘ ({ — ?:;)"IL—-H_I [A ([ - %)n-mm - B (v __Z}fme]
- g
fo..z,ff&(r +z)”“"‘“+B(I mz)“"’”’j
gt ( I— Z) .
tum autem per noftram xeduflionem erit

+

?:MA{E Z)m : TQ{I-—-;—-.{:} , et
2ma " 2mb :
P I/-Ajgnmmmx ap /B qn—m-1 3 q
) = X
% i—ap T -—bq

§ 21. Quoniam autem hic forma b, utpote alge

braice integrabilis, nulla laborat dlfﬁcultatP, eius loco aliam
conte mplammur affinem, ponendo C=—a at D= — b, ita
ut iam fit aD—bC=—24b, eritque

__faZ(I~Z7)m_I[A(I+Z} ’”-f—B(I—-Z)”’"’”]

" la(1+2 ) —b(1—2)]
cums valor per g et g ita exprimitur, ut fit
b AL T %_T;%_ FrEop

L A TE L fiwv

a——zaﬁq” zabp—b » HVE

S s N W Y
2/ g—2abg" b—2gbp ¥

In f{equentibus iftam formam b cum vpraecedente forma 2
q P

coniunétim confiderabimus, atq_ue bini cafus feorfim tra&an-

dl fe offerumt.

Evpf




NIH

Evolutio cafus, quo a~",_—__‘- g et b=t —

— I
§. 22 Hic igitur exit »= 1/[ {1 -+ z)"'-—- (I z)”]s
huius crgo valores pro, ﬁm.p].lClC‘ﬂde cxponenmbus 4 ew_mt

uti fequuntur: :
Si n==2, erit v::;/sz z.

s .
Sin==3g, exit v=19/(3 % -+ 2%).
4
Sin=—=4, ert v =V (43 + 4.2°).

5 .
St nzzg, evit v == /(52 + 10 2%~ z°).

3 :
Sin=6, et v=y (6% + 207+ 63,

I:s’podmvnm nunc primo pofiremam formam pro % damm, et
quoniam in elus denominatore occurrit forma a1 ~-% 3
b(r— =), eins loco feribamus brevitatis gratia s, 1ta, ut
oba=ZLetb=—1%fit .
s=#(x+ z)m ~+z (1 —2), ideogue
_/aZ(I-—ZZ)'”’ﬁI[A(I-+—a-)n“m+BfI—uw)n“‘”" ,

2 -
,Um S

alque per liltcras p et g crit
: —X —XI
b-—--—-—*A\/q 3G—L-prw ap
e q I — p )
ubi nolentur pro fimplicioribus exponentlbus n valores:
Sin=e, erit s = 31 >+ 24,

Si n=— 3, erit ST I8 %S,
Sion—
Sin—3, erit SIZF 4109 %+ 5 2%

4y CTIL ST 1 - 6 g g - gt

Si n=—=6, erit s TS T4 £5 B 415 gt 42 af,
Nove At Acad, fmp, Scient. Tom. XL F §. 23.




e

8. Poftrema autem "mma 2 hoc cafa evadit
s [2B[A( A" B — 2 "]
: vn.—-—-m (I“""“‘_zZ)
}m 1¢ valor per p ol g expreflus erif

y ::Afpﬂ meIge quu-—-m-s-laq ._

2= -+ g*

2

Evolutio cafus, que o=%et b=}

§. 24. Hic igitur erit -

p== Y [F(1 -+ +5(1 — 2],

-huins ergo valores pro ﬁmphcmnbus exponentibus n erunt,

1t ieqmtu :

Si n==2; ert 7)::19/(: .n;—zzjv

Sin= g, erit 9_._}/(1*%- Z %),

L]

:, exit p== Y/ (1 + 6 2%+ 2t
.
Sinm=3, erit v—=y (r +~1022+35 2. -
. & o .
Sin==6; et v =y (115 38+ 15 5%+ 2%,

§- 25. Expediamus nune poﬁiemam Formam pro % -
datam, in qua loco a(x =-z)" —b (1—g) ﬁ:nbamus bre-

vitatis gratia T', ita ut fit T=I{1r w3z — i{t— )", fic
‘que ipfa forma erit

_ foa(t—gzzy* T [Alr 422 Blreg)"—". |
-_.",/f o™ T ' LI

' . quac
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qnaz per litteras g et q ita expmmtm*:

m——I ,,.m
A= A.J/ql —g" /- BJ[

abi pro exponentibus fimplicioribus erit ut wquitm:

Si o, et T::_'«.z %,
Sin=gz, et T =ag-+%.
= 4., erit T = 4% 4 73,
Sl p== 5, erit T =5 % -+ 10 g% - &%,
Sin=—=2¢6, erit Tc=6z-4—20g? 6.
Ioc auvtem caf evadet | \ ‘
P :____J;"E} z[A(x -J—_z)”""”m + B {1 — z)n“‘?’b]’
pt (x — 7 z) :

cuius valor per p et g expreflus erit

n-—-m—-I . P
Q;MAJ;’ f}"—uqu )
.a-'—‘j;' Q—Q

§- 6. In his autem formulis perpetuo accipiamus
A=z==if-t+iget B=if—1Ig,
tum igituy formula, ubi hae litterae occurrunt, hanc indu-
et [peciem: fF —+ g G, eritque |
F':___.Tr! L_z)ﬁ.--—m 1— Q\Em:’é)n_m @fl

'___..".',,‘(I FZ)memm—(Imz)il_ﬂ?n "\

unde ergo fequentes wvalores pro cafibus fimplicioribus e-
mergunt

F 2 Si




P—

Sin-—m—i, et Frmrt et G —o=
Sip—mo—z, erit Fooa 1+3% et Gowam.
Sin—m =g, et Fomr 593 et G“—s - 5,
Sin-—m==4, erit Frmr+6ug+3% et G = 4 %435
Sl —m=5, erlt Fr=r-z1c3%+52% et

G—=s5z+ 1088497

)]
bl

=6, erit Fomrd-zsgavrsetagl ek ;
' | ‘G‘"“"égn%"c,gﬁuazf
§. 2+ Secundum iftas. guatuor formas iam fatis pai
ticulares totidem ordines formnlarom {pecialium conftitua-
muas, dum {cilicet exponentibus indefinitis m et n valores
detezmmau fimpliciores affignabuntur, ubi quidem pro m

numerl minores quam n. camemm.

@m@ primus formulrum (eciehium ex forma

5 :fai: &—%zz)'??‘_I(fF+gG),‘

€ 28. Coiusmedi valores litteris E, G, v et ¢ fint 3
iribuendi, fopra iam eff ofienfum, ubi etiam vidimus, f .1
fiatoatur p == L322 et g —"-T:_;f fore

a-—-__(f-*s)f "0 f—g) fem g
. T - qu 2 . Ewﬁw-

Hinc iam Jdequentes formulas fpeciales derivemus

z°, Sl'.t nTT 2 et oo v,
§. =o. Hic igitur erit v ==/ 5 « T 1-gg, FoI
st G o=z, ideoque formula fpecialis .




ey ‘“}“ f: vl

b=/ ozifAge  hocque calu erit

[I—'—Z}’—lj']’”’"

o {f - g) dq _.{,__(.f"*".!j‘[ ap_
bom — iy 2 Ji~pp’
T4 % -—-I-—au :

exiftente p o= 347 et g =7, >

2% Sit n =3 et m =, ideoque » — m ==

g. so.  Hic igitur erit v —= }/(; 4«7}5. STEE--3%8,

tomr--27% et O 2= 2z, ideoque formuola fpecialis
b Vil xn)rn g o

(x —{—oz'rf-.) }/( 2,~+~z3)
hocque calu erit

(f'-’«-g) (fm—g) 83
b= — f —+qa '_9;'_ L p3r

. T -z I — %
cxiftente p = - € § I e

3 ' .
V(s 2+ 2% 33/ (3 24 2%

3% SI nTg et m=z, ideoque n-—m = 1.

§. ar. Hic igiter erit v — /( T +%27); eImr-2y
F—1 el G— z, 1dc0(iue formula {pecialis:

- !f‘ oz (r — ﬂz)ff—i—gz)

J
(143 ”‘fa:f?/(d%—é“ }2
heeque caln eut

#1)

5 oo mee— g] 3aq __: f—g) £ vap
-b fl—-’—ﬂ‘S [ I-—ps .
= o
exiftente p == = % et g = x5
s - 3
Visz+5) . Y(sz--2




‘,{ 6 PRI BTN S IO

4% Sit B4 G:‘:t WL I, 1de@que nw-m::;g

§. gz, Hie IE‘IEU.I erit ?z?__i/ (4 .‘Z,-—f‘-& %%); &=z v 4
6xg +zty F—i1i-+zs et Go=33%-~%, ideoque formula

fpecialis .
_f 0z [f(r+amz)+ g(12+2)]

(1+6E%*{~%"‘)&T4/(+z+4z3)

Hoc cafa exit

T ooy

b= — U R S U A
¥ = i— %
c:ﬂitente p=- - et g — o .
ﬂwﬂﬂ - Y {4z+4720)

5% Bit n = 4t M1, id@@g@@ — W = %,

§. 32, Hic igitur erit p = ]/(LZ-?—A}-%S)J
s=mr+Gzg+g Froziagz et G234,
ideoque formula fpecialis

5__:fuz(im:z;,.«,) [f(1+zz)~%-zgz]

Hoe igituy caln erit

—_— S fgag {f=—g) ap
b""‘"" 2 f aﬂi«fg fp

I+ gt 3 T
exiftente -
o r —_1._. -
p=- = et g == TR .
" .
V{24 7) V{+2+ 4%

6° Sit n==a4 et m=3, ideoque »— m=1.




s g s

. ' 4
§. 37 Tic manent ut ante » == /(-

hocque calu exit

— gt faede  Ufg) fRPBP
b — 2 fI—:—=14 ' £ I—p8 7,

exifiente

I+ % . I — %

p_xw{ﬁ, e €L g - .
V(42 + 4% V (¢2+ 227

v Sit n= 5 et'm== 1, ideoque n—m = 4,

i* 1
. . a a - 5
§ g4 Hic igitur et v = V(5 3+ 108+ 2%
st=1+ 102252 Fmr+6zz+2t et G gz +-as’;
ex quibus ovitur formnla fpeecialis '
e I ) < .-,-n',__.—“.i 2
. ___/a,ﬁ[/(x 8273 +4g(3+2)]
(r+r10ozz-+52%yV (52+ 105° + %)
culus wvaior hioc cafu erit
— e 1) 88  a_ lFf—g3r 23
cxlilefnie
N I3 T e
= AL €t ¢ = z :
s o 5 '
YV 57+ 102"+ %) Vs z+1eg’a &) -

- 8#

4
¢-—1Gczz--at; aterdt F==r et Gz, ideogue for




g5 e

aQ

8% gEL n=s5 et m—=, ideogue » —m = 3.

'§- s3. Hic exit v_]/ % xoz"'-—-{—- %Y; ¢ ==X 4
10z2%+5% F—i-t+zz et Gr =gz %3, binc formula
fpecialis

a?v(["‘ z)rf(l“'—a‘zz)%‘g,( z+:{,3)}

(I+xozz 52’*)}/('5 %+ 10 % + 3°)

b=

hocque cafa exit

% __df4g [ 404 ff-—g) Hop
b= it fI.wﬂ" 22,

exiftente

.
_l_
o

8]

_F:‘:S-' ' 'etq::":s‘_ £ 3
" V(sz+r102+37) V(5 -+ 103"+ 7

]

o Sit n=3s et m==3, ideogue n — m == 2.

- § 36, Hic igitur em'vmz/(sz-—{«tozg 75
§T= 1103 %5 2% F:I+zz et G._zm 16600{1@

formula fpecialis

bmfaz(x"*z")gff(x—f*z?—)—{—g %]
(-39 V (s34 10229
hﬁcque cafu erit

— (f"i—?]qua,, f:f——ﬂ.p;;a?}
o —tm af' P op
i-4s 2 -




B
{
ks
iy
4

— i =

ro. Sitm=3 ¢t m":-:é-, ldeoque e m:-: 1.

§ 357 Hic igitor exit » = 7/(9 z~+— Yo 7% +z"'))
§S— 14+ 10%%+5%; _F 1 et G=gz, ideoque Fcermula
ipecialis

b — | Bz(r—wzz)f’ f+gz
(1—;—:oz,;,+5z4) ;/(5 z»—l—-xo"’+z5)
hocque cafu erit
. -b:__'.___(f-';ﬁflajuaqqs +’f+g)f?
exiftente

s s

I=~2 T —

p:—s et q--__. - - o‘

V(5 2+ 10 2%+ ) 1/(5%4—-1033—%—%5)
ir. Sit n—6 et m=—1, ideoque n--—-m:: 5.
§- 38. IHic igitur erit o _ |
v *‘“]6/(62;+20_-;3+6z5)5 § = T I§ %L 155 z5,
F—r+rozz+s2t et G=52-+ 102+,
ideoque formula {pecialis

5 :/az[f(1+zozz+5z4)+g](5 z 4+ 10 33+ 2%)

3
(r+7152%+15 z4+zﬁ)1/(6z—t~zozi+ 6 2°)
hocque cafu erit

(f+ﬂ fxq,ﬂ I(f-m g)f

I m—pﬁ’
emﬁente :
p - ; ! + ‘ @L q b I = *
1/(f24+20z3+6z‘) | 7/(6z+20§3+6:55)
Nova Afa Acad. Imp. Scient. Tom XL G 1z,

s

n L ety




g2, Sitn=6 et m—2, 1@@@@}1@ 1 e HE == 4 (s
§. 39. Hic igitur erit - q

4 . .
p== 1Y 6%+ 20% + 6%"; § == z-»ﬁwgzz—zﬁgsz*‘mi»zﬁé
—p6a% -3t et G 454 4%
- ideoque formula fpecialis
b= azkiﬂzz}f(f“‘f5Z?»+2§“}+4-U(3+z3)

(s4+15%%-+15%%+ 5);/(64.,+ 26%"—{-6‘?)
cuius valol eir

b*2f+-g)fm+%(fwg " poP | : :

NPT /) p—p¢?
exiftente _ 4
S I -'g Y ~—%
p=— - et q"*“ —
- V(6%-+208+6%) ]/(o:z;—|-2033+6=f:,"5)

£3 Slt n:ﬁG et m—=— 3, idﬁOqﬁe.n.— MEZ 3.
§ 4o. Hic igitur erit
v—y’éz—{—zczﬁ'—!—éz’ s:x+z5zz-4-15z*+zy
Fe—rt-zz et G=3 2%
ideoque formula f{pecialis
5 _/‘ dz{r—zaf’[f(x +22)+g(33+2%)]
(

P-15%%+15%" %)y (05+20% -+-6zs)

“ cujus valor e
b= f—*gfi‘f;; Hf—e) /122,
gxiftente

g
p= = et § = -

y (cz-i—zozg-iqoz)

;— g

}/(@z,—ia 20%°+ 6%
149-’




5K

x4, Sitm==6 ¢t m== 4, Ideﬁgﬂ]@ no—m = s.

§. 41 Hic igitar exit

6 _ _
:;/(6:2+zoz3_+_gzs)3 S—":E“"f—ﬁﬁ.‘{sﬁ—-{fif%'@»%-ﬁﬁ;

F—1+zzet G===3, -
hincque formula fpecialis
b=/ dz(r —za)P[f(1+2%)+ 2 g7
5 ‘
(1+1525+1524+ %) Y (65-+ 207"+ %)
gnins valor eft
p= i i — L
exiftente _ |
R e R T — |
P—r 7 et g ==~ .
V(6 %+ 20%%+6%°) ]/(u‘z—hzczg—f-é;?}

re. Sitn—6 et m=3, ideoque n—m =T
§. +~ Hic igitar erit |
v — 1, (634202 4-6%%); s = 15 gz--rs et 25

F =1 et G =z, ideogue formula fpecialis

p=f 03 (1 ==z (f~+ 87)

(1+-xgzz+15zﬂ‘+2;') 1/({3%—%20%3“?—6%5)5

‘cnius ergo valor eft’
D= 1 O+ U~ O 2

exiftente

— 1% " T — 2
p= et g = - .

1/ (62’+zoz3+bz) v (6z+205°+627)
G 2 Ob-




g2

Obfervatio in has formulas. |
§. 42 Hic ii cafus imprimis potatu funt. digni, qui.
bus n = ~ m, propterea quod tum in formulam integralem
tantam ﬁgnum Y quadraticum "ingreditur ; hos ergo cafug
evolviffe opetae erit pretium. Pofito igitur rs— 2 m habe
bitur ‘ :

f)_]/[x(x__}_z)gm I(I_zi)gm]n

Ac fi Tocor E(f+g) et E(f—g), litteras A et B 'reftitué-

HmUS 5 eut iommla noma

,___/ 0z (1 —2z2)"~I[A (1-2)" B (x —2)™]
[I

I+z’)-"‘m I(I z)ﬂm]]//[ (I—L‘“}”m I(1 .)gmj_.’"

enius n*egrale, fumiis p=— I—"‘.E et g ::I_z,' erit

- ‘bﬂ____"A th—zaq_l_‘pr%—Iap

, I gt E — g™
£ 44. Eas autem formulag in genele integrare hcet'

Pro priore enim ponamus g™ » er}tque gr—rtog =2,
.ﬁa_,que pars. prior erit .

A A A A ame  — no

tim = — & Ar'tang t = — :LT Ar. tang. g"‘:

Pro altera forma fi ponamus p™ = u, erit altera pais

B /‘ ou _ B J1-4pm

' Te—uu- 2mb oz — p™’
ficque lpfﬂm integrale erit _
B Ji4pt A, . |
m— . — T Ar. tang. g®
am? x—p" m 'iang 7" fue :
B _ b"m—-l— I ;_}_zm ’ . i
— — ( ) é Ar tang. g-—— 'z} .
amé T~ (12" o™

Ord-o
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Ordo {ecundus
fbmwimm‘ {pecialium ex forma

%_/ g (¢~ w;f;I(fFA—gG)

4z, Pro hac formula valores. litterarum v et T
45 ] .

fupra in § 24. et 25, litterarum vero F et G In §. 26.
funt affignati, ub) etiam vidimus, fi penatur p = =i et
q_._%—'—‘, tum wvalorem mtegialem fore -

—3(f+g) [t -1~ g)fp’""xaff’

Hinc iam fequentes formnlas fpecmleb derivemus.

n Sitn=zetm=r, ideggue » —m = t.

§. 4+6. Hic igitur erit f)_}/(rn—l*.zz) Te=zz;

=1 et G=3, hmc iam formula {pecialis erit

B j‘ 0% f g z\ ,

2%V L+

cuius €ergo intcerale eft
. (_j

—— L '
b_‘“_%(] _4_g)1?_9g (f_,..— g) _[_...@@31
exiftente '
I+ = —— VI-f- % -
P=viem o 4=

a, St n—=3 et m_-g-id@{} qUe B — i = 2.

§. 47 Hic igitur erit 17—"'";/(z-=- 2z 2); Toga--z%
¥—1-+zz et G-=2z, hinc formula fpecialis ’

— oz {f(x 4+ 22)--2g%] ;
(32--2°)V (1-4-32%)

cuing
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S |

cuias valor eft

—s(f+ 8 2 —i(f— g)fz__Ps:

‘ eXiﬂente

I - I~'——-'%}
p = - et gz

13/(5[-—1-3ZZ) .f’/(:—%—’g‘m)‘

8. Sit nI=g et m=z, ide@quc n— == 1.

§- 4% Hic igitor erit v_,_,x/(t mm), T—3z+%
Frex et G =%, hincque formula {pecialis ]

poe [ 021 —3%)(f4g%)

(s z=—+~z3)1/(t -+ 3 ZZ)2
culus m‘tegrale eft

V=—i(+ e 2L —1(f— g f 22,
exiﬁsnte ' ‘
p=- gh’"z‘ etq:a_xﬂnZ -~

Y (1 -+323%) Viit+522)

4. 8itn—s et m—1, ideﬁque n—m=—9q.

i §. 49. Iﬂcxgl’curernv 1/(14—62;?4—%"), T-= 4.:?5—'—423
F—=r14-32%% et G =322 hincque formula fpecialis

—— r)z[f(I—I—g%z)—kg(; 4—+—zé)J
(&Z+4Z?)V(I+6zz+z“)

euius ergo valor erit
22— f—g) 2

b=—3(f+g

exi-
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exiflente . .
p= ,______,.,f_ii_mm et g == S :
- 2 :
Y (s +65%+%) V (i 625+ z")

5. .Sit n==4 € m == 2, IGEOqUe n — m =z,

4 oo
§ 50 Hic erit DmTf(E”““‘iZZhl-z)y T_':*Z;ﬁ-mg}‘_g‘,ﬁ;}
F——1-+%% et G ==2%, h}_ncque formnla fPCCluHC‘

o fot = g,
(42442 vV (r+625+3")

culus va]or eft
43¢ _ - ( gg ~
(f+@) L —if—g) f’__w
enﬁent&
T 4+ % I —%

P= — et g =~ : .
v (1 + 635+ 12") V (1 + 62%+2)

6. Sit n—a4 et m—1, idhoqle - W = T

§ Hic igitur erit v— 1/(:+Gzz+z ); T=a3z
F—I et G=—=, hincque formula {pecialis
b — dz(r —z2f(f+g9)

(434 4%) ¥ (165542
cuins ergo valor ent

Y= —1¢-ro i — A1,
exiftente
p= I-+% ot g = I — % )
(E—!—ézz—wkz") V(I'uq'—es%%-%-z") -

7
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7. Sit B2 § et w1, zdeoque nmm:::.g,

§. s2. Hic igitur eft v = (I+Iozz+s‘z")

T=sz+4 102849, Fo=1-62%+1 Gm‘ri’**"“g

hincque formula fpecmhs
v fozlf(x +Szz+z4)++g(z—+~z3)}

b —
(sz-+xoz3+z5)1/(r+xozz+5z“f) l’

euius valor eft - i f
. 1)

-b'“f”‘(fbkg)flqum— f“wg)fl;_ﬁpsﬁ‘ ,r,;":
exiffente | |

}P--«- I3 . e*ﬂq_._ . I—g 5

]/(I+IO$Z'T~5Z4) T/(Iﬂ—zozz-r-gz;’*} 4

i

8. Sit. n— S'ZGt m 2; ideoqﬁe' 2 — g 3""

‘ §- 335. Hic Iglfur erlt v——"]/(1~+-xozz-i—-‘z) |

- Tr=5g+10%80+ % F__:E».-gzvet(}__ugz—i 23 hine-
que ﬁsrmu]a fpemahs | - jt
— aZ(I—*ZZ)[f(I—-T—;S’ZZ)-}“ ¢ (554 5)_”{ :;1

(5 2+ Ioz3 ZS}"/<I+IO.§\Z_L~5W4)2

cuius valor .elt i
| Q[ £20, —1 (= a)fw -
@Xiﬂente - _
Y 4z ‘ T e & f

P e et q____ o ; i

V(x +Ioﬁz+53") ;/(x+io:;z+5 z4) '55.
S



MS‘_‘?MM

——

T S

9. Sit n—=35 et Mm=3, ideoqna 71— W T 0 : o

§ 54 Hic ]gum erit ‘”:V(l-%lcrz, %57

p-——~5z+xoz‘i 2y Fomzwl22 et 0 ==232; hingque |
is - .
Dmmla‘bficml 5 ) j(Iq—zz)—i-n o] 3 - |
(5;,»;—10 z)y’(w—zo 5+ 5 2 {
nins valor efi ji‘
=3+ — I eI, o
xiftente : o _ !
p==-- Tz — et §== — i : \ Jilla
V(1 iozz-55*) ¥ (110835 2%) | %?I
i
ro. Sit n——35 et m=—4, 1deoque n—MI=T. ‘ ij]
§. ss5. Hic igitur eft 4?*1/(1-—{«102‘,-{——534 T=—= | _ if

2+vox+4~2";, Fz==1 et (3=—=z; hincque formula fpe(:lalls _
0z (r—=2z)(f4-gz) | | - i

(53—,—10“-—{—35)]/(1—}-10 25 ?4)‘*
uitis ergo wvalor erit

D=

b= — ([ @)/ B —1(f+g) /22, - | B
xiftente ut ante : il
p = S et g = - r | dé
}/(I+IOZ%—FSZ4) V(1 + 10z 2+ 52t) Fi

. Sit n—6 et M1, ldeocam, Nne—IM I 5. ' ! ar

§ 65. Hic igitur erit v__1/(1+15~<,—1-—1534+2.5); | _ i::;“

Nove Ao Acad. Imp. Scient, Tom. X1, H T = |
‘Ii‘




T—6z +o0x-+62"; F— I—-}—Iozz—!r-sf‘ et G-*-' 52
1o %' + z°; hincgue founula fpecialis

5 ;/asz(x—hiozz—‘.—gz}+g‘-(gz+ IOZ3+?g)]_

6 . Dk
(6z+208+62) Y (t+T15%%~- r5.2* + 2
culus ergo valor erit :

- (f+g)f1_s (f—_' U) I_._és‘

euﬁeme

- f!;—*— Z | - --.q', r —z - -
/(H_Ig 2% +I5% +zﬁ) oV (a+rszarisztegt)

12, Sit n==6 et m =2, ideoque » —m =g

§. s7. Hic erit vw_;/(z—qﬁ—rqzz—i—tgz“-n]—z‘), T—=
z4-20%° +62°; F—1-4-6zz+2 et G=43447; hinc- §
que formuala fpecialis

b — f‘dz(z Z% [f(1+61'z+%4)+4b(3+z?)]

(éz-«.-zozg—a-ﬁzf);/(x-s-z5zz+-sr‘z ) :
cuins valor erit - |

= —3(f+ )/ 125 f—g) 22, o
. |

Xiftente ut ante

' Y-z :
p=- et
V(11528 4+ 15 2* - «f)

g - I — 9 | ' ©
= - .

V{15 a4 15Z4——}~z5)



Cir w6 et m= 3, ideogue n—m=23.

§. 58- Hic erit 7):’:‘,}6/(‘; + 15 2%+ 1§ 52;“—9—1”)J A
6pt oo Gy F=1+352% G == 3 z+2°; hincque for-
mula [pecialis :

_ on(z—wap ff(1+3zz)+ (3z+9)]

'b_‘// (DZ+aU°’3~I-OZ)]/‘(I-i—-15ZEE;'—:—l 'f*"'-f-gz;“) o

cuius valor eit

w§(f+g) ;7:_%2@6__.__/ g)fwafs‘

]

= 1-ps?
exifiente .
. SR £ =X e
F—- — ‘ -
vV (415234 15 2* + 7
— I—%
q"—‘ & . ®

Y (115 23+ 15 2t 35)

14, Sitn=6 et m =4, idecoque n-—m = 2.

) 4 ‘ .

§. 59. Hic erit v =y (r+71523+ 153"+ 5%; T=—=
€3+ 202°+ 62°; F—=z-+22 et G== 23; hincque formuila
fpecialis S :

‘b""‘ " az'fI—zz\?[f(l.d—-ZfZ).—?-*”gZ]

(Gzﬂ“zoz%-éﬁ) V(E +15% %+ 15% ~+ z8)°
cuius valor eft

b= — L(f @525 —E (f— )/ ,_
exiftente -

H 2 ' p =

r




| Smeers GO e

I~+—Z

}7:‘: ‘ 'ét
V(I—l-xszz 15z4—i—z5)
="

]/(I-+-15 %% - 15 z’f—{—zﬁ)

15. Sit n==6 et m =5, ideoque ;iwn?z"—“ I

§. 6o. Hic erit sz(r+x;zz+xgz4+ T

634202 +6%; F—=1 ot G=g3; hincque formula fpecmhs
p— [ 0%(z—22)(frgr)"

—— —_—

L & -
(62+208"+62%) Y/ (1+13 zz,wt- r5ztaf)
cnius valor eft

—E(f+ 9/ 22 —5(f -9 f 238,

J:--—-qﬁ 1_. "né ?
e}ﬂﬁen‘te e
_ Tz
= . : s
V{41522 413 %t - 2) |
q—= SR ‘ .

Y (1415 2% 15 2* - 29)

Obfer’vatm in has lormul

_ §. 6 r.. Hic igitur etiam calus notatu dxguub occur
rit, i n ==2m; quo fit :

— I/[E(r —'}~“7)9’"'+I(z — gz 2", ‘id'e_oque
W—VFU+%W“+(I )" 1



oo G

At i loco L(f+&) €t I(f—g) refiitunantur litterae A et B,
erit formula nofira:
/ Z(I”“’z’)mﬂl[A(I—i—-z)mq_B( Z)m]
5

I—FZ))'m I(I )Em]‘]/[é_{['FZ) e I(\I_Z)Qm]

cuins integrale, fumtis p = =% et g =1=F%, erit
1.‘7-_._‘__“Jf:i/'q'.'n.-—:faq B/]J Iap
I———( ) Dm.

Quodfi ergo faciamus ut ante ¢" =t et p™ == u, integrale
quaefitunm erit o

A 2t . B DU
b= ] T live
m I———tt 1 I — Ul
A I - B 1 - p™
b —_ qm - — pmg ﬁ-Ve
2w ¥ 1 —(g 2 ¥V ox— .
: A jot+(t—z)" B jv +(1+2z)"
h o — Y e )

2 m - (,1 ._._.z)”." L) P (I +— g-')m

Ordo tertius.
Formularum fpecialium ex forma

Z!Zfaz(fl-?‘—h gG)

P (s —zz)

§. 62. Hoc igitur cafu eft
F=1(1+zf " "i(r—z)™" et
=iy — i (1"
tum verc ‘

0=/ U1 (s - 5 — F(r— 5"

unde




G0 coemm—

== mteglale mventum eft

unde pofitis p—==2-F et ¢ == ——
. o I *1--711-—,1‘('\
— I(F P —g q ._q
2-f-—5J'+g)/v o (f )f "~‘-q :
Hinc ergo formulae [peciales pmd;ount fequentes:

. Sit n— 2 er m — 1, ideoque n — m = 7.

'§. 6%, Hic igitur erit v==y 232; F=1 et G=g
hinc formula fDemahs %= ?:%?}-%%‘ , cuius integrale efy

- , Zf::;(f: ‘\j‘e Ar 2 (f g)fv-d—qa”’" .

‘“PZ’

exiftente
p— T
p=7 et e — Vs

Py

2. Sit n—3 et m=— £, idecque n —m=—

§. 64. Hic igitar erit v= f/(ﬁ_£+|z3); Fomrwze

et G = 2 %; hinc formula ff‘ecmhs ' o
f&z[f(x —}—z“ ..g:z,]_’
{1 —22) ;/' (52-+2%)

caius integrale eft

¥ = I(frg) [ 220 —E(f—g) [ 25

_ B—p8
:u:iftente
| i 1 — 3 -
p= et g = .
3»"
V(5 2+ %) '5/( % e 23 )
3. Sit n=—3 et m—— 2, 1 eeque n-—m=— 1.

§. 65. Hic igitur erit 1).__1/{3 +z3), F"“é et
] ~%



- 63

G = z; hinc formula fpecialis
| /‘ C Js{f+gz)
A
(1 “’“Z‘Z{)}/(S z —+ 2°)

cuins intecrmle elf.

=i(f+8g)[ 2% — %(f'—“g)fw.qs’

—_—

exiftente _
' T % T --'?;’;

= - — et q = - .

v (32 +%2°) V(zz~+2*)

o Sitn=14 et m=—1, ideoque n —m = 3.
. . o 4 - ' oy -
§. 66. Hic igitr erivt v =V (42+4%"); F—r+32%
et G = ; 2+2% hine formnala fpeciaiis R
/az[f(z +3zzy+g (3Z+Z)]

(1 —232) ]/(4.:5-1—‘4?;3)3
cuius mteg]ale eft

=i ra - —an

5

exillente
T ‘ ' g .
p—' B »——-~-~_‘—Z e?:q::.4 T -.'Z- .
]/(q. %+ 4 2°) ' V(4 2+42%

Sit n =4 et m==z, ideogue n—m = 2.

§. 67. Hic igitur erit v — 1/(+z+4.z° ; medwzz
€t G == 2 z; hinc foimula fpecialis

2 =

e~
.

- P L o
o




e 6 4 x::-::.-_-.-,.

g [R5 (F--2%) 42 g=]
(1—2%) ]/(4:3—{-42;3)

cums inte gy ale eft

- cXifﬁejlfe

=1+ 25— — 9/ 425

2 ~—gt
IF-E—Zf — el q..;. " i.-“z
I/(‘i B4 Y (45+4% )

G == 3, ideoque formula {pecialis

A a%(f+§z) _ ;
(1 ~z3z) V(@z—’—AZ}

cuius integlale

=3+ ) 52— — &)/ 2%

6. Bit ntza et m==3, 1deoque oo B T
§ 68. Hic igitur erit v_i/(4~,z+4.z3); F::.: T ¢t

2—-:{—-__{14'
cx1ﬁente -
— I3z * T - %
p=——— et g = .
V (47457 V (42-+42%)

7. Bit n—='s et m==1, idecque n— m = 4.

§. 69. Hic igitur erit » —= ¥/ (5 z-- 10 2° 4 %°);
 Fzi+6gg+7 et G=4%+43"; hinc formula fpecmhs

g f__02lf{s4-62z12")]

-

(1—~—~_.Z)]/(5‘ %ol 1020 %)t

cujub/

s



ey G5 e

cuins 1ntcgra1e eft

;——f(f+g)f§’”p{’ (f —g) 82

exiftente , o o
143 B r—"%

— et g = -
v (s2+ 108 +7) V(5% +10% -+ qf)

p::

-

5. Sit n =75 et m=2, ideoque n—m==3
§. 7o. Hic igitur ent v== ]/(, 2107 -2 );
F—i-t+gzzet G=321+ z°; hinc formula fpe(:lalls

2 — az[f(1+3zz)+v("z—rz°)]?

T DIACE R )
cuius intbgrale eft , | |
()22 — 3~ &) 45285
exiftente o
— 1 -tz X _._%
— et g = :
Y (5 z+10% %) 1/(5%+Ioz +zs)

0. Sit n =35 et m =3, ideoque n—m = 2.

1+2% et G=2g%; hinc formula fpecialis -
\ 2 — o0zlf(r+22)42g2]
o y |

) (r+23) V(5211024 %)
 cuius integrevle elt '

3 =i(f+e)f 222 —i(f—g) [

§. 9r. Hic igitur erit v:15/(sz+ 10 $3+£5)3 F=

Nova dﬁa_gfuad. Imp, Scient, Tom, XL~ 1 exi




i §§ mmmmm—

- exiftente

T A% £ -9
p = — etqm z .

15/(3‘5+xoz3--+%) . 1/<5% 107+ %)

1C, Sit:»_"s et m == 4, idecque n-—H = To

§. 72 Hic igitur erit @_...1/(5 %410 %° 1—%5) K=
t G=%; hinc formala fpecialis

F ‘ Bcr(f»—-inérz)

2 —

(1-——-.«%)1/(52;—1 10 % ~{—zs)
nius- integrale eft ,
'ﬁzg(f—b-g)f a? (f %)fg_f_ps
exifiente

p___

E-+% 'I—-—'ﬁ

]/(Sz—x—IOZS—i—ZS) o 1/(5%—1—10%34—‘2;5)

x1. Sit n==6 €t m= 1, 1deoque n—m==5.

§. 7s. Hic igitur erit ?)_.]/(Gz+zov3+6z’),
F—r1--10%%-4 5% et Gwsz+xoz3—-}az‘ hmc for-

mula fpecxahs
21 J[’a rf(I’FI.OZ%-%S‘z'*) c-cr(::gz;i;_. Ioz3+%s)]

“(r— %E}V(6z+°oz3+6z5)5

?

cuius mtcgrale

3= — 5[+ O£ — 3~ &[22 055
exiftente . ' ' ‘. |
T+-2 _ S R
p= : el == o .
‘ (62,’-‘}—.«0133"[‘635) 1/(@:5+2@33+62:5)

12,

etq___ g‘..l




Gy
. Git n==6 et m =z, ideoque n -—m = 4.
~§. 74 Hic ext 77——7/(42'2—%“"0”3—[—629)} F=r
62z 4z et O==4% 14 z*, hinc formula
/faELf(I+527"Lz*)+4ﬁz(zvl—zz)]
(1—z2)y(6z+ 208" 65

cuias integrale

2 =3(f+ ) [ 22 —3(f —g) [ 225
exiftente TTF e

;:o::"*“"z et q—“I“z.

15. Sit nI= 6 et m = 3, ideoque n —m = 3

. 3 N _
§. =s5. Hic erit v=—=v/( 55-+—~2c5f,3—i-5z‘;:}§ '.:;_Td,

2% et G—s5z-+ z°; hinc formula
= [25Ulran) g
TS (e V(¢ z + 202 4 6%°)
cuius integrale eft
%= 1(f +e) I -2 (f-8) /i1
exifiente

— T — I—3
= et. g =—-.

14, Sit =6 et m — 43., ideogque n—m = 4.

§. 76, Hic exit v=3 (6**—&-2933—}-637}5 Fr1-+3%
et G == 2 z; hinc formula

2 — rowlf{r+23) 42 gz}

(I—-zz\};/{dv—r-xozgﬂuags}
12 - cuiug




cuins 1nteg1ﬂe - S
' L(f+e zﬁﬁ,‘ﬁi ' (f—'b)f;ifge

eXlﬁente p= L’-‘Zf‘-” et g —=. L‘:-i"'. :

135, Sit n—6 et m==5, i deoque no—m== T,

§. 7. Hic erit v__.1/(6z+1057,9+ € %°); F,::.;*

. , 3 — %, hinc foxmula fpemalls

L ‘/ (I—'“iﬁ)'l/(ff%—l—foz-{—ﬁ?f)-

cums mtegl ale eft

=3+ 2 — i -9 F

)3

exifiente
p — L% et g :I‘”

o

Obfelvano inn. has formulas.

Conﬁdelemus hic iterum cafom quo m= 2,

, § w8

et quia
u__T/[I(I —i—z} G 1¢: -———?.;)Em}, ent

T A e m"’"‘[/[z(l %_b)zm___ _(I____%)Qﬁi]j

P
Fiﬁ(I+5@)m ( z)m et G-—-—Q(I*-!-% __(Imb)ﬁb

quo ergo cafu erit

_._-f 3% [A (1 42" +B(r—5)"
=/&

— sV [§(r +3)me__(1 ——Z)) i
——EE® et g =157, mtegmle exit

VR - tum yero pofito p —

21,_—-.-
b et




69‘

./W““Iap__B q" zaq,
o ; 2 __}___ qﬁ mw -
pofito p™=u et q" =t, tranfit in hac formam :

quae formula,
A Ju B ot

A=n) T uw T m/ et
five mtcglando erit. o .
_ Ve 4+ p™ 5 Ar tan g
N — rn La »
V= i iy e

Orde quartus

formularum fpecialium ex forma

Ly 25(fF4gG)
—u”"“m(x.-——zz) |

Hic eft ut ante ’
(I __‘__Z)ﬂ——'m,_,_ I(E : Z)Tl—-m et
(I__!_ﬂ)n—m - ‘J(I______z)nv----«'m.yE

i I

at vero
vm]/[,,(r—l—z)“ st —2)7, .

tum vero pofito p=— Ij;‘"’ et g — ==, integrale inven~

tum eft

=10 [EZT20 -0 [0,

foomulae ergo {peciales fequuntur,

1, Stn—s et m— I, ldeoque n— W == 1.

§. vo. Hic igitur erit, v—j/(r -%—-?52?), F—1 et

G = =z; hinc formula { F_9sif+&8)__ cping
; la fpecialis % = f T cuins
ine




m)fegl ale eft

ezklﬁente

I(f—! g)fr;_..i;? g fmg) LTE%%E;

I - 2 et q-_-.- I3

p—_V(I—ruzl T VL& %)

Sit n =23 et m=—1, ideoque n—m=z¢

i

- §. so. Hic Igitm erit v_1/ (I-—%«dz 2); Fzr-rs
— 5+ hinc formula fpecialis

Qg_faz[f(z—l—zz)—r—ﬂgzj
(x~zz)1/(1+3zz)“

et G

A"

cujus znte oT ale eft

y = (f4-g) 25— 1= g)f;fg,

'exiﬁente _
B SN T T —
P = + ‘ e_t q = f z

]é/_(:—é—@,%%) - 13‘/“(1—1—-3%3)-

5. Sit n=g et-m=2, ideoque n— e

"§. 81 I—hc lgitur eﬂ: 'p:::g/(n -+ 3 22); I‘—mz
G == z; hinc. formuia’ fpecialis

2!:[ 0z (f+g%)

(I —mzz)q/(x »{—3%2)
cnms m:cclale eft

f+g)f4_.,_fs v,(f fg_ré |

sxiftents

Tradel




i

T ~-%

. Ee—
p=— .etqﬁ_,_s_ -
Y (1 —+ 3%%) V(t-3%2)

4 Sitn——4 et m=r, ‘id&aquc B~ W T 8

g2. Hic igitur (-:-111: v_._..';/(t 4~ 6% 4+ 2%;

F—1+3%% et G=3%-+=2% hinc formula

2:' f8z[f(r+3zz)+gz('z+zz)}

I——hzz)]/(x + 6 3.2+ zt)?
cuius integrale eft

(01208 1 (f g)qu

g —gt ®

exiftente
. 'j___ iy +g,
b= P
V(14 622+ 3%

I ~— 2%

et q—

]/(I'T'é.ez—i—z)

-

5% Sit n=—4 et m—= 2, 1deoque n— m == 2.

§- 83- Hic igitur erit 1)_]/(1 + 62z +%'); 1:‘...,#.
-+ 22 et G=2z; hinc formula fpecialis:

m/‘ Bz[f(x+ffz)-+-zgz]
(z

-—%Z) + (1—4—67,%-:-2‘*}
deogue eins mtegrale. ‘

:‘

Y =3[+ @) [ 2L —E(f— ) [ 2255
xiftente p = 1= |

N4

2 \ss’c"‘g-::.:l"“2s '




-~

o 2 smmmwm

* Sit n==4 et m=3, idecoque n—m = o F

g4. Hic igitur erit v= 1/ ( =6 %% - 4 %);
F — 1 et G =—3%; hinc formula:

2=/ S |

¥ 5
| (1~zz);/(r+6za+y"} - !
‘cuius integrale

A=yl —i—af |

@1‘3\111.1:{_,“14{.5 2 == TIE et q — I
AL 3

4=

o° Sit m=m s et mo zgldeoque n-wm__m;‘f

§. 835. HTC igitar erit 9_1/(1+1o z’_;-;,z")
| F—i1+6z3+2" et G=42(1+22)
Iamc formula \ '
| __fa%[f(1+‘5%%+zf)—l—4gz(z~+—zz)]
(I—‘?’z)]/(l.—i—x.oz;ﬁ-angz
1deoque eius integrale
W= 22— 1 a)fﬁff;;,'

e T A& —— L — B
e -
= tg—=—".

cxiftente P =

g Sitn=3 et m=2, ideogue n—Tn =g
'§. 86, Hic 1ghur erit v_d;/(r-f-Io%%—"‘Sﬁ)a
Fmi+gz3z et G’“z(s-’f#%), |

hine formula



QI —

aw . ‘ 1-4—31;2'-1'— {3 +~%%) -
m:/az[f( : )+ 8% )
(1—22)V (1 +103%5+524)

cujus integrale :
—H(f ) 125 — (f— @) [1221.)

exiftente

p—IkZ o g—I—%
p= 5 et q“_ —

9. Sit n =35 et m—=73, ideoque n— m = 2.

5
§- 87. Hic erit v =9/(1+ 1072 45 2%, Fzoxaza

et G —= 2 2; hinc formula
| o — 0z [f(x+2%) +2g1]

(r —zz) }}(I +I102%+ 5 ;4)2

>

cuius integrale o 7 o
A=HfQ R —E(f— g aon ]
oxiftente

—_— X2 —_— I
p==",— et g==2i=F%,

0. Sit n=5 et m=4, ideoque 1~ m = 1.

§. 88. Hic erit 1)::]/3'(.1.—;—'10 25-4-5%); Fremax o

et G == z; hinc formula
2 ::/ 0% (f+g%) o

5 b
(I“‘-ZT)V(I—P—IOzz—%sz“) |
culns integrale

Nova Afa Acad, Imp. Scieﬁt. Tom, XT, K P —




‘emﬁeqte

P I L
1T, Slt pn——06 € m—1I, idﬁgqug ;1,*;%: 5’

fﬁ*g)f S22 -—-(fw——g)f,,—?_%;s %
o %
|

1

§ g9, Hic erit v_ﬂ1/(1—+—15 Zz-l-15 -54_;_2,)? |

F~—1+mzz-a- 51;4 et G=3 £-+—1:oz+'z, -

L
. #,. ,

_ cums 1nieglale

hine fo;mula (
az[f 1+1ogg+§z4)+g(qz +Ic1%3—;—_'z.5)]
M"‘"" >

A=/
' (I-i;ﬁ)y’(x—i—zgzz—%—- 5%‘*—+~‘L’)

I(f*'g)fwaas % f &)frfﬁgs

exifte nte

p::?‘.“*” 6t q__ I
1s. Sit n*—*ﬁ et m=1z, ideoquem =4
§9c Hn, ent 'v_.,;/(z 15 2% -+ 15 %t % )

- F:_:ler—é*z;z—}—z et G_-QFZ(I——}—Z;‘Z),
hide formula
mm/az[f(1+62%+z4) r4g5(1 27

I-——zz)}/(1+15%z+x=’z +‘f)

cnlis 111tb%rale ~

'-—I(f—*-g)f‘“”“ 30 g)ffif;-'




1
- Rl
exiftente _ :
p=1rF et g="— '
yg, Sit =06 et m=3; ideoque n — m =g,
§ or. Hic_ erit v““—]/(::+rgi,z+sz4+zﬁ)j ’
F—i1-4+3%2% et G__;}zm[_.f L S I }
‘hinc formula _ . L ;ik!

'y

7] faz[f(1+3zz)+az(3+7z)]

x-—zz)]/(r—f—rgzz—s-xsz“ %)
cuius 1ntegrale

SRV = B (it Tt N

i g
exiftente . il
P—-—~I"r-'z et q._.I'-'-zl. 1’; !}:{

i ce . : - ._ :l'|

14, Sit n—2¢ CT m = 4, 1ACOQUE n —=m = 2. o ~ }'

. ) 6 - .

§- 92. Hicerit v =y (1 +152% + 153 7t - 2); _ ' "|
F—i14 2z e G=2 z; hinc formula . |

% Bz[f(r—;—zz)—e_@.g'zj | i

b . ! o ':‘I

(tmzzh/(:-,—xs %% 15 z4+z‘3) ; Sy

cuius integrale - - | ]'II
—~ FpRp 3 : : ]
A= (g f 22,
exiftente ‘ | | i
——~.I‘+"z . b [R— g‘ 1‘

P="— et g = ¢




