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Abstract

We revisit Gauss composition and show that the Clifford and norm func-
tors provide a discriminant-preserving equivalence of categories between bi-
nary lattices and invertible fractional ideals of quadratic orders. This per-
spective synthesizes the constructions of Kneser and Wood, reconciling al-
gebraic and geometric approaches and clarifying the role of orientations and
the natural emergence of narrow class groups. As an application, we show
that binary orthogonal eigenforms correspond to Hecke quasicharacters. Via
theta series, we make explicit the connection between Hilbert modular forms
and binary orthogonal modular forms.



